
Gia n = 1 to zhtoÔmeno gÐnetai h isìthta 12 = 1(1+1)(2·1+1)
6

pou isqÔei.
'Estw ìti h prìtash isqÔei gia to n, dhlad  isqÔei

12 + 22 + 32 + · · ·n2 =
n(n+ 1)(2n+ 1)

6
.

Ja deÐxoume ìti isqÔei kai gia to n+ 1, ja deÐxoume dhlad  ìti

12 + 22 + 32 + · · ·+ n2 + (n+ 1)2 =
(n+ 1)(n+ 2)(2n+ 3)

6
.

Prosjètoume to (n+1)2 kai sta dÔo mèlh thc pr¸thc isìthtac kai paÐrnoume

12 + 22 + 32 + · · ·+ n2 + (n+ 1)2 =
n(n+ 1)(2n+ 1)

6
+ (n+ 1)2 (1)

= (n+ 1)(
n(2n+ 1)

6
+ (n+ 1) (2)

= (n+ 1)
2n2 + n+ 6n+ 6

6
(3)

= (n+ 1)
(n+ 2)(2n+ 3)

6
(4)

pou eÐnai to zhtoÔmeno.
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